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Outline 

• Background on exact observability and its cost 
• Two examples
• Statement of the main results
• Ingham-Beurling type inequalities 
• How does analytic number theory help
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Two examples
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A one-dimensional  Schrödinger equation 



8

The Schrödinger equation in a square
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An equivalent inequality  
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Previous cost estimates (1D)



11

Previous results in 2D
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Statement of the main results
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First main result (I)
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Second main result



Inequalities of 
Ingham-Beurling-Kahane type 

and cost estimates 
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Ingham’s inequality
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Proof
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A particular class of
non-harmonic Fourier series 
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Idea of the proof (I)
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Idea of the proof (II)



How does number theory help
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A Beurling type inequality in 2D 
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On the distribution of the sums of two squares
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A simple artihmetic lemma
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On the distribution of lattice points on a circle
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